Wave Optics

&

Maxwell's equation for wave speed in a medium provides a fundamental relationship for
electromagnetic wave propagation through a medium by defining the speed of light (or any
electromagnetic wave) based on the medium'’s intrinsic properties: permittivity and permeability.

Maxwell's Equation for Wave Speed

The wave speed v in a medium is given by:

V=

1
\/ L€
where:

e v: Speed of the electromagnetic wave in the medium (m/s)
e L Permeability of the medium (H/m or henries per meter)
e ¢€: Permittivity of the medium (F/m or farads per meter)

Explanation of the Components

1. Permittivity (¢):

o Permittivity is a measure of a material's ability to allow the formation of an electric field
within it. Higher permittivity means the material can hold more electric field energy, which
effectively reduces the speed of the wave.

o Invacuum, the permittivity is denoted as ¢, approximately 8.85 x 10712 F /m.

o In a medium, permittivity changes based on the material's properties, affecting the wave’s
speed.

2. Permeability (u):

o Permeability represents a material's ability to support the formation of a magnetic field.

o The vacuum permeability (or magnetic constant) is uy ~ 4w X 1077 H/m.

o In materials, permeability can vary depending on the material's magnetic properties, which
also affects wave speed.

Derivation of the Wave Speed

Maxwell's equations describe how changing electric fields produce magnetic fields and vice versa,

resulting in a self-propagating electromagnetic wave. Through these equations, the relationship v =

—L_ is derived, explaining that:

Ve
e Inavacuum, with u = po and € = €, the speed of lightis ¢ = \/l% ~ 3 x 108 m/s.
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¢ In a medium, the values of i and € are greater than their vacuum counterparts, resulting in a

lower wave speed than in a vacuum.
Physical Interpretation

The equation shows that:
¢ Higher permittivity or permeability in a medium decreases wave speed, as it becomes
harder for the wave to propagate through materials that strongly support electric and magnetic

fields.
e The wave speed reduction aligns with the refractive index n of the medium, where v = ﬁ and

_pe

n= Ho€o

This equation plays a crucial role in understanding light propagation in various media, such as air,
water, glass, or other materials where the permittivity and permeability values impact the observed

speed of light.
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